Abstract. In this paper, using the notion of p-bounded linear functionals on a Banach *-algebra A, a characterization of representable functionals on A in terms of the pure states of A is given. Further, it is also shown that the extreme points of the set of all g-bounded positive linear functionals on A are simply the pure states of A.
Introduction
Let A be a complex Banach *-algebra. We assume neither the existence of a unit element nor that the involution is continuous.
A 5*-semi-norm on A is a function 77: A -» ii + such that for all a, 6 6 A and a € C, 1 ) 77(0 + 6) < 77(a) + 77(6), 2) 77(aa) = \a\rj(a), 3 ) 77(06) < 77(0)77(6), 4 ) 77(0*0) = (77(a)) 2 .
Let P(A) denote the set of all 5*-semi-norms on A and define g(a) = sup{77(a) : 77 e P{A)}.
A linear functional / on A is ^-bounded if there exists a constant Mf > 0 (depends on /) such that for all a E A, |/(a)| < Mg(a). If A! is the dual space of A then the norm of any p-bounded functional / is defined as follows l/l, = sup{/(a) : 5 
(a) < 1}.
We denote by D(g) the set of all g-bounded functionals / on A with |/| g < 1.
A g-bounded linear functional / on A will be called a state of A if |/| g = 1.
An ^"-representation of A is a mapping 7r from A into B(H), where B(H) denotes the algebra of all bounded linear operators on a Hilbert space H, such that for all a in A and a G C,
1) n(a + b) = vr(a) + ir(b)
2) 7r(aa) = a7r(a), 3) 7r(o6) = 7r(a)7r(6), 4) 7r(a*) = 7r(o))*.
We define an involution and norm on A + , the unitization of A, as follows:
, for all a 6 A, ii) ||(a, a)|| = ||a|| + |a| for all a 6 A.
Then the Banach "-algebra A is isometrically and *-isomorphically embedded in the unital Banach "-algebra A + . DEFINITION 1.1. Let T be a self-adjoint operator on H and / be the positive linear functional represented by (n, x) defined by |/|r(a) = {n(a)Tx, Tx) for all ae A.
The following results are known in the case of £*-algebras (in which case g coincides with the original norm) and proofs can be found in [5] . They are included for the sake of completeness. In the light of Remark 1.1, one can find stronger results on representable functionals on any complex Banach "-algebras. 
1) for a self-adjoint operator T on H such that TTT(A) -7r(A)T and 0 < T < IJJ, /t IS g-bounded positive linear functional on A with fx < /• 2) if the representation of f by (7r, x) is cyclic, the mapping T -> fc is one-to-one.
3 
Pure states and irreducible ""-representations
Ultimately in this section we prove a characterization of those representable functionals which can be represented by a topologically irreducible representation. 
The extreme points of D(g)
The following theorem shows that if A is a complex Banach *-algebra, the extreme points of D(g) are just the pure states of A. Since J^J-and yj^-belong to D(g) and since / is an extreme point of D(g) it follows that j^-= j^p = /. Thus, 0 < fa < f implies that fa = \fa\ g f with 0 < |/x| 9 < 1 which proves that / is a pure state.
